
Reference: Proof Rules in Natural Deduction

Rules of Deduction in Propositional Logic
Type introduction elimination

∧

φ ψ

∧i

φ ∧ ψ

φ ∧ ψ

∧e1

φ

φ ∧ ψ

∧e2

ψ

∨

φ

φ ∨ ψ

∨i1

ψ

∨i2

φ ∨ ψ φ ∨ ψ

φ

...

χ

ψ

...

χ

∨e

χ

→

φ

...

ψ

→i

φ→ ψ

φ φ→ ψ

→ e

ψ

¬

φ

...

⊥

¬i

¬φ

φ ¬φ

¬ e

⊥

⊥ (none)

⊥

⊥e

φ

¬¬

φ

¬¬ i

¬¬φ

¬¬φ

¬¬ e

φ

Derived rules:

¬φ

...

⊥

PBC

φ

φ→ ψ ¬ψ

MT

¬φ

Other rules: LEM

φ ∨ ¬φ

φ

copy

φ

122 c© R E Ellis 2022



Rules of Deduction in Predicate Logic

The basic rules in predicate logic, with the textbook requirement of “free for x”:

introduction elimination
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